
Recall the iterated function systems for the Koch construction and the Cesàro construction, along
with their corresponding Hutchinson operators.

Koch Cesàro
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F (A) = f1(A) ∪ f2(A) ∪ f3(A) ∪ f4(A) G(A) = g1(A) ∪ g2(A)

Now we show the calculation for composing g1 and g2 in the four combinations.
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These results can now be used to show that G(G(A)) = F (A) for all compact sets A.

G(G(A)) = g1(G(A)) ∪ g2(G(A))

= g1
(
g1(A) ∪ g2(A)

)
∪ g2

(
g1(A) ∪ g2(A)

)
= (g1 ◦ g1)(A) ∪ (g1 ◦ g2)(A) ∪ (g2 ◦ g1)(A) ∪ (g2 ◦ g2)(A)

= f2(A) ∪ f1(A) ∪ f4(A) ∪ f3(A)

= F (A)


